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A B S T R A C T

CuGaSe2 (CGSe), CuInSe2 (CISe), and Cu (In,Ga)Se2 (CIGSe) are highly attractive chalcopyrite materials due to
their exceptional optoelectronic properties, which make them a suitable candidate for solar cells application.
However, highest power conversion efficiency (PCE) reported for these photo absorber materials is close to
20%, which is far below the theoretical limit. It is possible to approach the theoretical limit by incorporating
nanostructures into the cell, which initiates the sub-bandgap (E𝑔) absorption by forming an intermediate band
(IB). In this study, CISe nanostructures are incorporated within the CGSe host material to form a CGSe/CISe
quantum wells (QWs). This method utilizes the host semiconductor’s wider E𝑔 to maintain the open-circuit
voltage (V𝑜𝑐) values that are comparable to those reported for CGSe solar cells. The study examines the effects
of QWs thickness, QWs number, and Ga/(Ga+In) compositional ratio on the characteristics of solar cells.
Results indicate that incorporating 50 QWs with thicknesses ranging from 20 to 150 nm and Ga/(Ga+In)
compositional ratios of about 0.2 and 0.8, respectively, can enhance PCE, further highlighting the importance
and positivity of nanostructures. In addition, improvements in short-circuit current density, V𝑜𝑐 , and overall
PCE are also observed than the optimized device without nanostructures. The study proposes a promising
approach to improve the photo absorption, carrier separation and thereby over all solar cell performance
based on Chalcopyrite heterostructure QWs.
1. Introduction

Recently the Cu(In,Ga)Se2 (CIGS) based thin films solar cells (TF-
SCs) has received tremendous attention due to their fundamental prop-
erties: their low cost, easy integration, and high power conversion
efficiency [1–3]. Though the Power Conversion Efficiency of CIGS
solar cells still lies below theoretical Shockley–Queisser (S–Q) limit.
One of the significant challenges that limits the further improvement
in CIGS efficiency is the effective use of the solar spectrum. Briefly,
the problem with these cells is that they are unable to absorb photons
whose energy is below the bandgap (E𝑔) of the bulk semiconductor. The

∗ Corresponding author at: School of Applied and Engineering Physics, Mohammed VI Polytechnic University, Lot 660, Hay Moulay Rachid Ben Guerir, 43150,
Morocco.

E-mail address: e.Feddi@um5r.ac.ma (E. Feddi).

device’s current density would rise, if these photons were absorbed,
leading to a boost in efficiency, provided that the voltage output of
the cells is not significantly degraded. However, changing the semicon-
ductor E𝑔 alone cannot solve this problem, as narrowing the E𝑔 value
leads to an increase in recombination, which degrades the open-circuit
voltage (𝑉𝑂 𝐶 ) and thereby the Power Conversion Efficiency [4]. To
overcome this issue, finding a new approach that guarantees a higher
absorption of photons while minimizing the reduction in 𝑉𝑂 𝐶 is crucial.
Enhancing Power Conversion Efficiency can be achieved by integrating
nanostructures like quantum wells (QWs) into the bulk material [5].
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Quantum well solar cells are considered a promising approach for
next-generation photovoltaic technology, receiving significant attention
from both experimental and theoretical perspectives [5]. Recently, M.

ourel et al. proposed an innovative approach to enhance the efficiency
of Kesterite solar cells by incorporating quantum well nanostructures,
and achieved a remarkable efficiency of 45.8% by varying the composi-
tional ratios [4,6]. Additionally, they reported an 11.1% improvement
n SnS cell efficiency with integrating SnSSe nanostructures, attributed
o a boost in short-circuit current [7]. Advances in CIGS nanostruc-

tures for thin-film solar cells include single-phase chalcopyrite growth
with 10% gallium, verified by XRD and UV–Vis spectroscopy [8], and
uantum-well-enhanced CIGS cells achieving 24.23% efficiency [9].

Cost-reduction efforts by Yaroslav E. Romanyuk et al. reached 13.8%
efficiency using solution-processed CIGS without high-temperature se-
lenization [10]. Light-trapping via nanostructured back mirrors in ul-
trathin CIGS cells has enabled potential efficiencies of up to 20% [11],
while gallium profile studies highlight its impact on recombination
mechanisms in CIGS cells [12]. Furthermore, cadmium incorporation in

dS buffer layers improved CIGS efficiency from 11.0% to 15.5% by re-
ucing deep-level defects [13]. These studies emphasize the importance
f nanostructure integration and recombination control in advancing

chalcopyrite- and CIGS-based solar cells.
The introduction of quantum well solar cells (QWSCs) since 1990

as sparked significant interest in this approach [14]. By introducing
uantum wells (QWs), a new mini band forms in the bandgap of the ac-
ive material [15]. This formation enhances the absorption of photons,
articularly in the Infrared (IR) region of the solar spectrum, leading
o a more efficient conversion of sunlight into electricity. Notably,
his technique has demonstrated an increase in PCE by facilitating
he absorption of additional photons with energies below the bulk
andgap (E𝑔) [14]. The QWs are integrated into a material and form
 type I band-alignment, they create discrete energy levels due to
uantum confinement [16,17]. This results in the extension of the

absorption range of light to lower energies compared to the absorber
𝐸𝑔 . By adjusting the width and depth of the QWs, it is possible to
optimize the absorption of photons and achieve maximum PCE. When
photons are absorbed by QWs, they generate electron–hole pairs at the
QW [18]. These pairs can escape to the bulk cell and contribute to
dditional current with the assistance of an electric field or thermal

energy. Moreover, if the 𝑉𝑂 𝐶 of the nanostructured cell is comparable
o that of a solar cell made of bulk material, the additional absorption
f photons can increase the PCE. However, incorporating QWs may
esult in increased carrier losses due to the confinement of carriers,
hich could diminish the 𝑉𝑂 𝐶 output of the solar cell [19]. Exploring

the conditions that enable carrier generation to surpass recombination
osses is crucial [4]. It is noteworthy that there has been no prior

research on implementing quantum wells in chalcopyrite solar cells [5].
Consequently, this study seeks to provide a numerical analysis of how
quantum wells affect chalcopyrite solar cells, considering the radiative
limit. This approach holds promise for effectively increasing photon
bsorption and, consequently, enhancing the photocurrent density of
olar cells. This enhancement has the potential to exceed the theoretical
imit of Thin-Film Solar Cells (TFSCs).

2. Theoretical considerations

This work undertakes the first-ever assessment of incorporating
IGSe quantum wells into CGSe solar cells. The research involves

numerical computations of CGSe/CIGSe quantum well solar cells under
the radiative limit, which only accounts for band-to-band transitions.
Typically, quantum heterostructures are present in the intrinsic region
of a p-i-n structure. As a result, it is envisaged that the CIGSe compound
will produce intrinsic defects infrequently, making it nearly intrinsic
in the absence of doping. A critical first step in assessing whether

employing an absorber material in solar cells is feasible is to determine

2 
the radiative limit. This limit only takes into account losses from band-
to-band transitions. It leaves out losses from surface reflection, bulk and
interface defects, and series and shunt resistances [20]. A perfect buffer
layer is taken into account when operating within the radiative limit,
allowing the majority of photons to be absorbed in the intrinsic region
created by CGSe/CIGSe quantum wells. Furthermore, it is assumed
that, the photo-generated electron–hole pairs which are not recombined
hrough radiation, contribute to the photocurrent [2,21]. It is important

to highlight that the goal of this study is to identify the circumstances
hat allow for the highest possible efficiency in the suggested QWSCs.
he optimal conditions for maximizing the efficiency of CIGSe so-

lar cells are initially analyzed without incorporating nanostructures,
erving as a point of reference for comparison. The current–voltage
J–V) characteristics of the solar cell under the radiative limit without

nanostructures can be evaluated using the following equation [22]:

𝐽 = 𝑞 𝑊 𝑛2𝑖𝐵
[

𝑒(
𝑞 𝑉
𝐾 𝑇 ) − 1

]

− 𝐽𝑃 𝐻 (1)

where q is the charge of electron, W is the thickness of the absorber
layer, ni is the intrinsic carrier concentration, and B denotes the radia-
tive coefficient of the CIGSe material. V denotes the terminal voltage;
KT is the thermal energy; and 𝐽𝑃 𝐻 denotes the photocurrent density.

It is well-established that solar cells based on hetero-structures
exhibit high efficiency. At the boundaries of the intrinsic region, an
electric field is established due to the presence of opposing charges
on each side of the P and 𝑁 junctions. Our hypothesis is based on
the incorporating multi-QWs into the depletion region. Strictly speak-
ing, in the radiative limit, two fundamental processes occur: photon
absorption and carrier recombination (Fig. 1(a)) [4]. By enabling the
absorption of photons within a specific energy range, quantum wells
facilitate an increase in the short-circuit current density (𝐽𝑠𝑐) com-
pared to conventional solar cells that lack the capability to capture
these photons. Notably, recombination and absorption occur between
discrete levels. Indeed, the existence of the electric field (𝐹 ) in the
epletion region leads to tilted QWs inducing the well-known confined

Stark effect and consequently the electrons and holes levels undergo
Stark shift [23]. In this region, the internal electric field 𝐹 will be
directed along the Z-direction. The energies of the electron and hole
are determined by solving the Schrödinger equation, expressed as
follows [18]:

𝐻 𝛹 (𝑧) = 𝐸 𝛹 (𝑧) (2)

Within the context of the effective mass approximation and the con-
tent (𝑥) dependent Hamiltonian for a single particle contained in a
CISe/CGSe QW, it can be expressed as follows:

𝐻 = −ℏ2
2

𝜕
𝜕 𝑧

(

1
𝑚∗
𝑗 (𝑧)

𝜕
𝜕 𝑧

)

+ 𝑉𝑗 (𝑧) + |𝑞|𝐹 𝑧 j= e and h (3)

In Eq. (3), The initial terms signify the kinetic energies, the subsequent
terms depict the confinement potential, and the final term describes the
ipolar electrostatic energy.

The potential profile of the QW is given by [24]:

𝑉𝑗 (𝑧) =
{

0 for |𝑧| < 𝐿∕2
𝑉0𝑗 for |𝑧| ≥ 𝐿∕2

j= e and h (4)

Where the valance band offset for electron and hole are 0.60 eV and
.04 eV respectively. The effective masses of the charge carrier is found
y the following equations:

𝑚∗
𝑗 =

{

𝑚∗
𝑗 (𝐶 𝐼 𝑆 𝑒) for |𝑧| < 𝐿∕2

𝑚∗
𝑗 (𝐶 𝐺 𝑆 𝑒) for |𝑧| ≥ 𝐿∕2

j= e and h (5)

In the absence of an electric field (𝐹 = 0), the ground state energy
an be determined by solving the Schrödinger equation, considering the

resulting equation from the application of Ben-Daniel–Duke boundary
conditions [17,18]:
[ ] [ ]
𝛹𝑤𝑒𝑙 𝑙(𝑧) 𝑧=±𝐿∕2 = 𝛹𝑏𝑎𝑟𝑟𝑖𝑒𝑟(𝑧) 𝑧=±𝐿∕2 (6)
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Fig. 1. (a) Schematic of Cu2GaSe2∕Cu2In1−𝑥Ga𝑥Se2 structure and different physical processes. (b) Different energy transitions and band gap modification caused by quantum Confined
Stark Effect.
[

1
𝑚∗
𝑗 (𝐶 𝐼 𝑆 𝑒) .

𝑑 𝛹 (𝑧)
𝑑 𝑧

]

±𝐿∕2

=

[

1
𝑚∗
𝑗 (𝐶 𝐺 𝑆 𝑒) .

𝑑 𝛹 (𝑧)
𝑑 𝑧

]

±𝐿∕2

(7)

A transcendental equation is created by combining the two previous
equations [23]:

𝑡𝑎𝑛

(

𝑚∗
𝑗 (𝐶 𝐼 𝑆 𝑒)𝐸(𝑧)𝐿2

2ℏ2

)1∕2

=

(

𝑚∗
𝑗 (𝐶 𝐼 𝑆 𝑒)

𝑚∗
𝑗 (𝐶 𝐺 𝑆 𝑒)

(𝑉𝑗 − 𝐸(𝑧)
𝐸(𝑧)

)

)1∕2

(8)

The single-particle energy state, designated as 𝐸(𝑧), can be found by
solving the equation above.

We analytically solved Schrödinger’s Eq. (3) using the method
proposed by Ghatak et al. [17,25]. in their 1990 work. This allowed
us to obtain the wave function and energy values for cases where
(𝐹 ≠ 0). Initially, we performed a transformation of the variable z into
a dimensionless coordinate 𝜉, expressed as:

𝜉 = −
[

2𝑚∗
𝑗

(𝑞 𝐹 ℏ)2

]
1
3

(𝐸 − 𝑉𝑗 (𝑧) − |𝑞|𝐹 𝑧) (9)

Using this variable, we can represent the Schrödinger equation as
follows:
𝑑2𝜓(𝜉)
𝑑 𝜉2 − 𝜉 𝜓(𝜉) = 0 (10)

The wave functions expressed in reference to this transformed coordi-
nate 𝜉 are produced by the superposition of the Airy functions 𝐴𝑖(𝜉)
and 𝐵 𝑖(𝜉):

𝜓(𝜉) =
⎧

⎪

⎨

⎪

𝐶1𝐴𝑖(𝜉1) +𝐷1𝐵 𝑖(𝜉1) for 𝑧 < −𝐿∕2
𝐶2𝐴𝑖(𝜉2) +𝐷2𝐵 𝑖(𝜉2) for |𝑧| < 𝐿∕2 (11)
⎩

𝐶3𝐴𝑖(𝜉1) +𝐷3𝐵 𝑖(𝜉1) for 𝑧 > 𝐿∕2

3 
Where 𝐶1, 𝐶2, 𝐶3, 𝐷1, 𝐷2 and 𝐷3 are constants. The expressions of
𝜉1(for |𝑧| > 𝐿∕2) and 𝜉2(for |𝑧| < 𝐿∕2) are :

𝜉1 = −
[

2𝑚∗
𝑗 (𝐶 𝐺 𝑆 𝑒)
(𝑞 𝐹 ℏ)2

]
1
3
(𝐸 − 𝑉0𝑗 − |𝑞|𝐹 𝑧)

𝜉2 = −
[

2𝑚∗
𝑗 (𝐶 𝐼 𝑆 𝑒)
(𝑞 𝐹 ℏ)2

]
1
3
(𝐸 − |𝑞|𝐹 𝑧)

(12)

The coefficient 𝐷3 must equal 0 since the Airy function 𝐵 𝑖 tends to
infinity as 𝜉 gets closer to infinity. For the sake of simplicity, we can
fix 𝐶3 to 1 without compromising the generality of the wave function
𝛹 (𝜉), which can be regarded as arbitrary up to a multiplicative constant.
By ensuring the continuity of the wave function and its derivative at
𝑧 = 𝐿∕2, we can determine 𝐶2 and 𝐷2 as follows:

𝐶2 = 𝜋

[

𝐴𝑖(𝜉1+)𝐵 𝑖′(𝜉2+) −
𝑚∗
𝑗 (𝐶 𝐼 𝑆)

𝑚∗
𝑗 (𝐶 𝐺 𝑆)𝐴𝑖

′(𝜉1+)𝐵 𝑖(𝜉2+)
]

(13)

and

𝐷2 = 𝜋

[

𝑚∗
𝑗 (𝐶 𝐼 𝑆 𝑒)

𝑚∗
𝑗 (𝐶 𝐺 𝑆 𝑒)𝐴𝑖

′(𝜉1+)𝐴𝑖(𝜉2+) − 𝐴𝑖(𝜉1+)𝐴𝑖′(𝜉2+)
]

(14)

We may determine the values of 𝐶1 and 𝐷1 by using the same boundary
conditions at 𝑧 = −𝐿∕2 and doing as follows:

𝐶1 = 𝜋[(𝐶2𝐴𝑖(𝜉2−) +𝐷2𝐵 𝑖(𝜉2−))𝐵 𝑖′(𝜉1−)

−
𝑚∗
𝑗 (𝐶 𝐺 𝑆 𝑒)
𝑚∗
𝑗 (𝐶 𝐼 𝑆 𝑒) (𝐶2𝐴𝑖

′(𝜉2−)) +𝐷2𝐵 𝑖′(𝜉2−)𝐵 𝑖(𝜉1−)]
(15)

and

𝐷1 = 𝜋

[

𝑚∗
𝑗 (𝐶 𝐺 𝑆 𝑒)
𝑚∗
𝑗 (𝐶 𝐼 𝑆 𝑒) (𝐶2𝐴𝑖

′(𝜉2−) +𝐷2𝐵 𝑖′(𝜉2−))𝐴𝑖(𝜉1−) (16)

− (𝐶2𝐴𝑖(𝜉2−) +𝐷2𝐵 𝑖(𝜉2−))𝐴𝑖′(𝜉1−) ]
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where 𝜉1± and 𝜉2± are defined for 𝑧 = ±𝐿∕2 by :

𝜉1± = −
[

2𝑚∗
𝑗 (𝐶 𝐺 𝑆 𝑒)
(𝑞 𝐹 ℏ)2

]
1
3
(𝐸 − 𝑉0𝑗 ±

|𝑞|𝐹 𝐿
2 )

𝜉2± = −
[

2𝑚∗
𝑗 (𝐶 𝐼 𝑆 𝑒)
(𝑞 𝐹 ℏ)2

]
1
3
(𝐸 ± |𝑞|𝐹 𝐿

2 )

(17)

The energies corresponding to a particular internal electric field are
btained by finding the roots of the transcendental equation 𝐶1(𝐸) = 0.

This valuable information can be utilized to accurately calculate
generation and recombination rates, enabling the evaluation of the J-V
characteristics of QWSCs under the radiative limit.

3. J–V relation

To determine the J-V characteristics of quantum well solar cells
QWSCs) under the radiative limit, equation [26] is used for evaluation

:

𝐽 = 𝐽0(1 + 𝑟𝑅𝛽)
[

𝑒(
𝑞 𝑉
𝐾 𝑇 ) − 1

]

− 𝐽𝑃 𝐻 (18)

The equation involves the following parameters; 𝐽0 is the reverse
aturation current density, 𝑞, which represents the electron charge; 𝑉 ,
hich is the terminal voltage; 𝑘𝑇 , which represents the thermal energy;

and 𝛽 =
𝑞 𝐵𝐵𝑊 𝑛2𝑖𝐵

𝐽0
. The equilibrium intrinsic carrier concentration for the

arrier material is represented by 𝑛𝑖𝐵 . The radiative enhancement ratio,
𝑅, is also a crucial parameter as it indicates the fractional increase in
adiative recombination. This parameter can be calculated using the

following expression :

𝑟𝑅 = 1 + 𝑓𝑤
[

𝛾𝐵𝛾
2
𝐷 𝑂 𝑆𝑒(

𝛥𝐸𝑔−𝑞 𝐹 𝐿𝑤
𝐾 𝑇 ) − 1

]

(19)

The absorber area in a quantum well solar cell (QWSC) comprises of
uantum wells, denoted by 𝑓𝑤. The difference in the bandgap energy
etween the barrier 𝐸𝑔 𝑏 and the well 𝐸𝑔 𝑤 gives rise to 𝛥𝐸𝑔 , with
𝑔 𝑤 as a function of the Ga/(Ga+In) compositional ratio, expressed as:
(𝐶 𝐼 𝐺 𝑆𝑒)
𝑔 (𝑥) = (1 −𝑥)𝐸(𝐶 𝐼 𝑆𝑒)

𝑔 +𝑥𝐸(𝐶 𝐺 𝑆𝑒)
𝑔 − 0.15𝑥(1 −𝑥) [27]. CISe and CGSe

ave bandgaps of 1.04 eV for (𝑥 = 0) and 1.68 eV for (𝑥 = 1). Important
arameters that affect QWSCs are the electric field 𝐹 and well thickness
𝐿𝑤. Additionally, 𝛾𝐵 , which is the ratio of the radiative recombination
coefficients of the wells and barriers, can be calculated as 𝛾𝐵 = 𝐵𝑤

𝐵𝑏
.

The ratio between the effective density of states of the wells and the
barriers is given by 𝛾𝐷 𝑂 𝑆 = 𝑔𝑤

𝑔𝑏
, where 𝑔𝑤 is the effective density of

states of the well. All these parameters together help in the evaluation
of the J-V characteristics of QWSCs under the radiative limit. This is
demonstrated by the following equation [28]:

𝐽𝑄𝑊 𝑆 𝐶 = 𝑞 𝑊 𝑛2𝑖𝐵
{

1 + 𝑓𝑤
[

𝛾𝑏𝛾
2
𝐷 𝑂 𝐶𝑒(

𝛥𝐸𝑔−𝑞 𝐹 𝐿𝑤
𝐾 𝑇 ) − 1

]}

×
[

𝑒(
𝑞 𝑉
𝐾 𝑇 ) − 1

]

− 𝐽𝑃 𝐻 (20)

The photocurrent density is as follows:

𝐽𝑃 𝐻 = 𝑞 ∫ 𝐹 (𝜆)
[

1 − 𝑒(−𝛼𝑏𝑊 −𝛼𝑤𝑁 𝐿𝑤)] 𝑑 𝜆 (21)

F(𝜆) refers to the number of photons per wavelength taken from the
AM1.5 G solar spectrum. 𝑁 represents the number of QW. 𝛼𝑏 [22]
nd 𝛼𝑤 [29,30] are the absorption coefficients of the barrier and QW

respectively. The absorption coefficient and effective density of states of
he QW material are described using stepped functions, which are based

on the eigenvalues that result from solving the Schrödinger Eq. (3).
The radiative coefficient in barriers and QWs derived from the balance
heory writes as follows [29]:

𝐵 =
2𝜋 𝑛2𝑟
𝐶2ℎ3𝑛2𝑖 ∫

∞

𝐸1

𝛼 𝐸2

𝑒(
𝐸
𝐾 𝑇 ) − 1

𝑑 𝐸 (22)

h is the Planck’s constant; c is light velocity; and E1 represents either
he E in the barrier material (E ) or the effective E in the QW
𝑔 𝑔 𝑏 𝑔
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materials (E’𝑔) (Fig. 1(b)). The determination coefficient B requires
knowledge of the intrinsic carrier concentration 𝑛𝑖 and absorption
coefficient taking into account the discrete levels in the QWs. 𝑛𝑖 is
determined by calculating the effective density of states of electron 𝑔𝑒
or for hole 𝑔ℎ in the QWs using the procedure outlined by Lade [28].

𝑔𝑒,ℎ =
𝑚∗
𝑒,ℎ𝑘𝑏𝑇

𝜋 ℏ2𝐿𝑊
∑

𝑖

⎡

⎢

⎢

⎣

𝑒

(

−𝐸𝑒,ℎ
𝑘𝑏𝑇

)

− 𝑒
( −𝛥𝐸𝑐 ,𝑣

𝑘𝑏𝑇

)

⎤

⎥

⎥

⎦

+ 𝑔𝐵
⎡

⎢

⎢

⎣

2

√

𝛥𝐸𝑐 ,𝑣
𝜋 𝑘𝑏𝑇

𝑒
( −𝛥𝐸𝑐 ,𝑣

𝑘𝑏𝑇

)

− erfc

√

𝛥𝐸𝑐 ,𝑣
𝑘𝑏𝑇

⎤

⎥

⎥

⎦

(23)

where 𝐸𝑒,ℎ represents the energies of discrete levels in the optimal
electric field. We note that, in contrast to previous work, we now
consider the real value of the E𝑔 defined by the relation 𝐸(𝑤)

𝑔 = 𝐸(0)
𝑔 +

𝐸𝑒+𝐸ℎ taking into account the stark shift. 𝛥𝐸𝑐 ,𝑣 is the conduction band
offset (CBO) and valence band offset (VBO) for electrons and holes.
erfc is the complementary error function. Analogous expressions are
obtained for the effective densities of state of the bands of light 𝑔𝑙 ℎ𝑤
and heavy 𝑔ℎℎ𝑤 holes. Then the total effective density of state of the
QWs can be expressed as follows:

𝑔𝑤 =
√

𝑔𝑒𝑤(𝑔ℎℎ𝑤 + 𝑔𝑙 ℎ𝑤) (24)

All physical parameters are obtained from relevant literature sources,
namely the effective masses [31,32] CBO and VBO [33,34] relative
dielectric permittivity [35] and refractive index [36]. The Poisson’s
quation was employed for standard CIGSe solar cells to calculate the
lectric field. Following a comprehensive series of calculation tests, we
etermined the optimal value for the electric field to be 𝐹= 26 × 106

V/m in all calculations. This choice was made meticulously after con-
ducting an exhaustive analysis to achieve the desired photonic prop-
erties for our photovoltaic system. The AM1.5 G solar spectrum 100
mW/cm2 was considered within the range of 300–1300 nm.

To accurately determine the characteristics of QWSCs, we employed
both COMSOL and Maple. Using COMSOL [37], we calculated the
energy levels for multiple quantum wells by solving the Schrödinger
equation with the finite element method (FEM), considering the effects
of the electric field and well thickness.

To validate the numerical simulations obtained with COMSOL, we
performed an analytical calculation for a single finite quantum well
sing Maple within the framework of the effective mass approxima-
ion. This step allowed us to optimize the meshing strategy, thereby
mproving and refining the numerical results obtained through the FEM
ethod for the Schrödinger equation in multiple QWSCs. Moreover,
aple was used to calculate the photonic parameters of the solar cell

nd analyze their behavior under various conditions.

4. Results and discussions

4.1. Analysis of optimal conditions for CIGSe solar cell efficiency without
anostructures

This study begins by investigating the optimal conditions necessary
to enhance the efficiency of Copper Indium Gallium Selenide (CIGSe)
solar cells in their conventional configuration, without integrating
nanostructures. The primary objective is to examine the effects of
parameters influencing performance, such as layer thickness and the
Ga/(Ga+In) ratio. To achieve this, the analysis is conducted within
the framework of the radiative limit, which serves as a benchmark for
the maximum theoretical efficiency that solar cells can attain solely
through radiative recombination processes. The results depicted in
Fig. 2 demonstrate a positive correlation between the thickness of the

IGSe absorbing layer and the short-circuit current density (J𝑆 𝐶 ). As
the thickness increases from 1 μm to 6 μm, J𝑆 𝐶 rises from approxi-
mately 28 mA/cm2 to a maximum of 33.26 mA∕cm2, with a slight
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decline observed beyond 3 μm. Thicker layers enhance light absorp-
tion, generating more electron–hole pairs, but gains may diminish
due to recombination losses. Optimizing the absorbing layer’s thick-
ness is crucial for improving solar cell performance, particularly for a

a/(Ga+In) compositional ratio of 0.6, where thicker layers improve
efficiency by enhancing photon absorption. Nevertheless, increasing
the thickness of the CIGSe layer results in a decrease in open-circuit
voltage (V𝑂 𝐶 ). In Fig. 2(a), we observe that as the thickness of the
CIGSe layer increases from 1 μm to 6 μm, V𝑂 𝐶 gradually decreases
from approximately 1.09 V to 1.04 V. This decrease in V𝑂 𝐶 with
ncreasing thickness indicates a higher rate of charge carrier recom-
ination. This phenomenon is attributed to the longer path that charge
arriers must travel within the thicker absorber layer, increasing the

likelihood of recombination before reaching the contact due to more
frequent interactions and potential energy losses. Ultimately, this leads
o increased recombination within the absorber as thickness grows.
oreover, Fig. 2(c) shows that efficiency significantly increases as the

thickness rises from 1 μm to approximately 3 μm, reaching a peak of
0.58% due to enhanced photon absorption, which generates more
harge carriers and improves the overall current. However, beyond
 μm, the efficiency begins to plateau and even slightly decline at
hicknesses above 4 μm due to increased carrier recombination within

the thicker absorbing layer. This phenomenon highlights the existence
of an optimal thickness around 3 μm, where efficiency is maximized
by balancing photon absorption and minimizing carrier recombination
osses. Fig. 2(d) presents the relationship between the Ga/(Ga+In)

compositional ratio, the thickness of the CIGSe (Cu(In,Ga)Se2) absorber
ayer, and the resulting solar cell efficiency. The red area indicates the
ighest efficiencies, reaching up to 30.85%, observed at a Ga/(Ga+In)
atio of approximately 0.6 and an absorber thickness of around 4 μm.
his combination of parameters optimizes efficiency, approaching the

theoretical efficiency limit predicted by the Shockley–Queisser model
for chalcopyrite materials (around 33%) [38]. Efficiency increases with
hickness up to 4 μm, beyond which it stabilizes, suggesting that further
ncreases in thickness do not significantly enhance efficiency due to
aturation in light absorption.

4.2. Impact of optimal electric field and quantum well width on energy
states

In the subsequent phase, the impact of the internal optimal electric
field on the fundamental energy is investigated. Fig. 3(a) depicts the
variation in QWs width and its influence on the energy states of
electrons and holes, both in the presence and absence of an optimal
electric field. In Fig. 3(b), the Stark effect is illustrated for electrons
and holes in relation to the variation in QWs with a fixed parameter
arrier thickness of L𝑏 = 5 nm and temperature𝑇 = 300 K.

In Fig. 3(a), our initial analysis of both electron and hole energy
levels reveals a clear trend. As the width of the QWs increases, there is
a notable reduction in the energies of their fundamental states. Further-
more, it is noteworthy that in the absence of an optimal electric field,
the energy levels are higher when compared to the situation where an
optimal electric field is applied. It is imperative to underscore that the
presence of an optimal electric field results in a simultaneous decrease
in the energy levels of both electrons and holes. This phenomenon can
be attributed to the confined Stark shift, denoted as 𝛥𝐸 = 𝐸(0) −𝐸(𝐹 ),
which becomes more pronounced as the strength of the optimal electric
field intensifies, as illustrated in Fig. 3(b). In the narrow width range
of 1 to 5 nm, strong confinement is observed, and the Stark effect
(𝛥𝐸 = 𝐸(0) −𝐸(𝐹 )) is not prominently evident. However, as the width
of the QWs extends from 5 nm to 20 nm, the Stark effect becomes
more pronounced, especially for holes, as indicated in Fig. 3(b). Con-
versely, for electrons, the Stark effect displays lower sensitivity. In
brief, the figure effectively illustrates how variations in QWs width
and the presence of an optimal electric field impact the energy levels
of electrons and holes within a QWs [39]. The findings reveal that
 d
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wider QWs correspond to lower energy levels, and the Stark effect
becomes increasingly significant with the expansion of the QWs width
and the intensity of the optimal electric field, particularly for holes.
Further, study was carried out considering how the number of CISe
QWs affects optoelectronic properties in CGSe solar cells, and it also
examined how these QWs influence solar cell efficiency across various
Ga/(Ga+In) compositional ratios. The analysis was performed using
QWs of 20 nm width, with a Ga/(Ga+In) compositional ratio of 1
at barriers (CGSe), and an absorber thickness of 1000 nm, and the
smallest barrier thickness would be 5 nm under these circumstances,
as demonstrated in Fig. 1. Based on initial calculations, it appears that
here is no coupling effect between the QWs in this structure. Therefore,
t can be categorized as multiple QWs instead of a superlattice [20,40].

4.3. Effect of the number of quantum wells on solar cell efficiency for
different ratios of Ga/(Ga+In)

The number of quantum wells (QWs) in a solar cell structure is a
crucial factor for enhancing photon absorption and optimizing device
efficiency. This section examines how variations in the number of
QWs influence solar cell efficiency across different Ga/(Ga+In) ratios,
offering insights into how optimizing QW configurations can achieve
efficiencies beyond conventional limits. As illustrated in Fig. 4, an
increased number of quantum wells (QWs) enhances the absorption
of photons with energies below the CGSe bandgap (𝐸𝑔), leading to a
higher short-circuit current density (𝐽𝑆 𝐶 ). Specifically, Fig. 4(a) shows
the correlation between the number of CISe QWs and 𝐽𝑆 𝐶 , with values
ncreasing from 24 to 38 mA∕cm2 as the number of QWs rises. However,
ncreasing the number of QWs also results in a lower open-circuit
oltage (𝑉𝑂 𝐶 ) output, as shown in Fig. 4(b), where 𝑉𝑂 𝐶 decreases from
.08 to 1.03 V. This reduction in 𝑉𝑂 𝐶 is attributed to an increase
n carrier recombination, which is due to the enhanced photogener-
tion of electron–hole pairs and carrier confinement associated with
 higher number of QWs. Furthermore, Fig. 4(c) demonstrates the

relationship between solar cell efficiency and the number of QWs,
where efficiency improves as the number of QWs increases, reaching
a maximum efficiency of 33% with 50 QWs, each with a width of
20 nm. This improvement in efficiency is largely due to the enhanced
photon absorption that occurs with the addition of more QWs. Ad-
ditionally, Fig. 4(d) analyzes the impact of the number of QWs on
olar cell efficiency across various Ga/(Ga+In) compositional ratios.
or all compositions, an increase in the number of QWs beyond 5
eads to higher solar cell efficiency. The trend of increased efficiency
n QW-based solar cells is attributed to the increased likelihood of

photon absorption, resulting in a higher overall efficiency for different
a/(Ga+In) ratios, consistent with results reported for other types of

quantum well solar cells (QWSCs) [4,26,41]. Based on these findings,
 constant value of 50 QWs will be used in further calculations to

optimize efficiency. Our study also highlights the significance of QW
thickness as a critical parameter for enhancing solar cell performance,
s shown in Fig. 3. Adjusting the thickness of QWs enables control over

energy levels and absorption properties, which plays an essential role
in the design and optimization of electronic devices. For the necessary
alculations, the absorber layer thickness was increased while keeping

the barrier thickness constant at 5 nm and using 50 QWs. Notably, with-
out the integration of nanostructures, varying the absorber thickness
from 1000 nm to 6 μm would result in a maximum efficiency limit
of 30%, as previously demonstrated. Therefore, the incorporation of
nanostructures, such as QWs, is essential to achieve efficiencies greater
than 30%.

4.4. Impact of quantum well thickness on solar cell efficiency for different
atios of Ga/(Ga+In)

The thickness of quantum wells (QWs) is a crucial parameter that
irectly impacts the optoelectronic performance of CIGSe solar cells.



N. El Ouarie et al.

Fig. 2. Influence of CIGSe thickness on 𝐽𝑆 𝐶 , 𝑉𝑂 𝐶 , and overall efficiency with a Ga/(Ga+In) ratio of 0.6, as QW as its efficiency regarding the Ga/(Ga+In) ratio and CIGSe layer
thickness.

Fig. 3. (a) Variation of electron and hole Energies versus the Lw for an optimal Electric Field. (b) Stark shift for electron and hole versus 𝐿𝑤.
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Fig. 4. (a) 𝐽𝑆 𝐶 , (b) 𝑉𝑂 𝐶 , and (c) efficiency in CGSe/CISe solar cells. (d) Efficiency versus the QW number, for different ratios of Ga/(Ga+In).
The results presented in Fig. 5 provide a detailed and compelling
analysis of the impact of quantum well (QW) thickness on the key
performance parameters of CIGSe solar cells, highlighting effective
methods for enhancing their efficiency. Fig. 5(a) shows that increasing
the QW thickness from 20 nm to 150 nm leads to a rise in short-
circuit current density (𝐽𝑆 𝐶 ) from 35 mA∕cm2 to 38 mA∕cm2. This
increase in 𝐽𝑆 𝐶 is attributed to the generation of new energy levels
within the QWs and their gradual transition to lower energy states,
which improves photon absorption. In contrast, narrow QWs, with
photon absorption limited to just a few levels, produce 𝐽𝑆 𝐶 values
comparable to conventional CIGSe solar cells without nanostructures.
Fig. 5(b) illustrates that increasing the QW thickness also enhances the
open-circuit voltage (𝑉𝑂 𝐶 ), a result of reduced carrier recombination.
Thicker QWs create more favorable conditions for carriers to escape the
wells under the influence of the electric field, effectively minimizing
radiative recombination losses and thus improving 𝑉𝑂 𝐶 . This reduction
in recombination, as shown in Fig. 5(c), translates into a significant
increase in the overall efficiency of the solar cell, which rises from
33% to a maximum of 44% with increasing QW thickness. Additionally,
the study investigates the effect of QW composition, particularly the
7 
Ga/(Ga+In) ratio, on efficiency for QW thicknesses ranging from 20 to
150 nm, as depicted in Fig. 5(d). The results suggest that deeper QWs,
combined with optimized Ga/(Ga+In) ratios of 0.8 and 0 respectively,
facilitate easier carrier escape with the electric field’s assistance, further
reducing radiative recombination losses. An optimized QW thickness of
150 nm is projected to achieve an efficiency of 43.45%, bringing the
performance of CIGSe nanostructured cells close to that of two-terminal
tandem cells such as perovskite/CIGSe. The optimized solar cell with
nanostructures also demonstrates superior 𝐽𝑆 𝐶 and 𝑉𝑂 𝐶 values, achiev-
ing 37.31 mA∕cm2 and 1.195 V, respectively, compared to a cell
without nanostructures. When compared to CIGSe solar cells lacking
nanostructures, the nanostructured variants exhibit similar 𝑉𝑂 𝐶 but a
notably higher 𝐽𝑆 𝐶 due to enhanced photon absorption. Overall, these
results highlight the effectiveness of incorporating nanostructures into
solar cells to optimize performance, making a substantial contribution
to advancing photovoltaic technology.

5. Conclusion

Overall, this research highlights the promising prospects of utilizing
nanostructures to improve the performance of chalcopyrite solar cells.
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Fig. 5. (a) 𝐽𝑆 𝐶 , (b) 𝑉𝑂 𝐶 , and (c) efficiency in CGSe/CISe solar cells. (d) Efficiency versus the QW thickness, for different ratios of Ga/(Ga+In).
It reveals that the successful implementation of CGSe/CISe nanostruc-
tures requires the fulfillment of several crucial conditions to achieve
optimal efficiency, as compared to solar cells without nanostructures,
as dictated by the radiative limit. First and foremost, a high-quality
crystalline chalcopyrite compound with minimal defects and secondary
phases is essential for attaining the desired outcomes. Moreover, precise
control over the layer thickness and composition within the wells is
crucial. Minimizing the defect density at interfaces is also paramount
to prevent nonradiative recombination losses. The proposed optimized
quantum wells, featuring 50 high-width wells along with 5 nm barriers
and specific compositional ratios of 1 to 0.2 for the QWs, ensures high
efficiency with the help of two step photo absorption. The optimized
solar cell shows an efficiency of 43.45%, with superior 𝐽𝑆 𝐶 and 𝑉𝑂 𝐶
values of 37.31 mA∕cm2 and 1.195 V, respectively. It is worth noting
that this study marks the first exploration of incorporating quantum
wells in chalcopyrite solar cells, with the potential for future extensions
to include quantum dots or other nanostructures, thereby further en-
hancing solar cell efficiency. However, achieving these advancements
necessitates addressing various challenges and continuing scientific
investigations in the field.
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